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[bookmark: _Toc144361052]Control Methodology: Passive Depth Control
Introduction
Passive depth control (PDC) works by balancing the vertical component of the front mooring line tension (FTv) and the buoyant force as shown below.
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PDC behavior can be described by solving the following set of equations for the three operating regions below:



1. Below rated thrust, the buoyant force is designed to be greater than FTv, thereby keeping the aft mooring line under tension and the device at its minimum operating depth.
2. At rated thrust, the buoyant force is equal to the FTv; the aft mooring line is unloaded but the device is still at the minimum operating depth.
3. Above rated thrust the FTv is greater than the buoyant force and the device dives until equilibrium is restored. Equilibrium is found as flow speeds (and therefore thrust and FTv) usually reduce at depth, as shown by the ‘vertical shear’ in flow velocity.


Loads Control
Design loads are a direct function of the maximum flow speed through the rotors. The flow speed at the hub-depth at which equilibrium is found is a direct function of the angle of the front mooring line as described by the equation below:

As the device dives, the front mooring angle reduces, which means a greater amount of thrust is required to attain greater depths. If TSR is held constant and device pitch is maintained at zero, the flow speed through the rotors must increase above the level required to unload the aft mooring line to generate the requisite thrust to dive.
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For a max flow speed at 70m depth of 2.2m/s, a non-pitching constant-TSR device will dive to ~1.9m/s with a nominal shear of 0.0040 mps/m. This equates to ~40% increase in thrust load over rated.
This dive response can be improved by locating the attachment point of the forward mooring line in such a way as to cause the device to pitch nose-up as the angle of the forward mooring line reduces. This causes the thrust of the rotors to be vectored downward thereby counter-acting the buoyant force and resulting in greater depth response and flow speed through the rotors. Using this approach, for a max flow speed at 70m depth of 2.2m/s, a passive-pitching constant-TSR device can be made to dive to ~1.71m/s with a nominal shear of 0.0040 mps/m. This equates to ~14% increase in thrust load over rated. This approach may also have a small impact on fatigue loads due to increased non-axial flow resulting from roughly 5 deg of pitch articulation.
Another aspect to consider is the variation in shear strength. Analysis of the available resource data collected from the Florida current shows a significant range of shear strength exists. There is a correlation between higher surface flow speeds and higher mean shear strength, which attributes to very few hours (~10hrs/yr) of flow speed above 1.6m/s at 200m depth as seen in the plot below.
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Higher shear strengths are beneficial as they require the device to dive less to maintain rated flow speed; this results in less change in forward mooring line angle and therefore less thrust above rated being required to attain rated flow speed at hub depth. The correlation between shear strength and flow speed also helps to articulate the pitch of the platform thereby assisting PDC as described above.  Higher shear strengths will also result in higher fatigue loads. For a max flow speed at 70m depth of 2.2m/s, a passive-pitching constant-TSR device can be made to dive to ~1.66m/s if the shear strength increases to 0.0048 mps/m (shear strength resulting in 1.6m/s at 200m). This equates to ~7.6% increase in thrust load over rated.
Despite the correlation of high flow speeds with high shear strength described above, a range of shear strengths should be expected at any flow speed. Variation in shear strength at a given flow speed will impact the pitch attitude of the device and thus the flow speed at which dive is initiated. This would result in either increased loads due to reduced dive response (below design shear strength), or reduced energy capture due to increased dive response (due to above design shear strength). The variation in shear strength for a variety of depth ranges is shown in the following plots for 1.6, 1.9, and 2.2 m/s at 50m depth.
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A few additional considerations need to be made for stability when considering a platform which articulates through a substantial pitch range (5-10deg) to improve dive response. The first item is pitch-yaw coupling; when a coned rotor is presented to the flow at a global pitch angle, a lateral force is created. In a counter-rotating two-rotor system, this lateral force is equal and opposite on each rotor. For a single rotor system, this will initiate a yaw angle and further contribute to a side-slip (lateral translation) in platform position. This can be avoided if the rotor is kept to a zero cone (flat plane) rotor. The second item is roll-yaw coupling. In order to enable passive pitch articulation to improve dive response, the front mooring lines are attached below the rotor axis. When a single-rotor device rolls to react rotor torque, this offsets the mooring tension to one side of the rotor thrust thereby causing the device to yaw and subsequently side-slip.
Further considerations should be made for the mooring architecture. The above discussion has focused on a mooring system in which the device is directly moored to the sea floor. If a sub-sea buoy and horizontal tether line is implemented, it will be very difficult to enable the desired pitch articulation. This will result in the aforementioned 40% loads increase due to poor dive response of a non-pitching device. 
Another option, which might be of particular interest for non-pitching devices is to allow the rotor speed to increase above the design TSR thereby increasing thrust load and actively assisting dive response. Unfortunately, it has been determined that this approach requires an 80% increase in thrust to attain 1.6m/s through the rotors – twice as much thrust as simply allowing the device to operate at the design TSR at a higher flow speed.
A last consideration to be made in light of the above discussion precluding a zero-pitch tethered mooring system for PDC applications is the need for a vertical mooring line to restrain the minimum operating depth. The use of such a line may increase the complexity of systems required to deploy and retrieve the device.
Power Performance
It terms of AEP, there is no difference between a variable depth device and a constant depth device if the drivetrains are equivalent. This is because both control scenarios operate at the minimum operating depth (and thus flow speed histogram) up to rated flow speed (and rated power). Above rated flow speed, both control scenarios generate rated power regardless of depth. However, different control scenarios can impact the size and thus efficiency of the drivetrain. PDC and pitch regulation will have the same efficiency and AEP as they produce equivalent torque duty cycles and therefore require equivalent drivetrains. However, stall regulation will require an approximately 50% larger drivetrain which will have reduced efficiency. Increasing the size of a gearbox drivetrain 50% has a small impact (~1-2%) on efficiency, but increasing the size of a hydrostatic drivetrain 50% has a substantial impact (~5-10%) on efficiency due to reduced operational pressure.
The other power performance aspect to consider is the impact of shear variation. Shear strength above the design value may result in some loss in AEP due to diving below rated flow speed (AEP impact TBD). On the other hand, flow events resulting in very low shear strength may require the device to be shut-down to avoid loads exceedances; however, these events should be rare.
Conclusion
A PDC system can be developed to regulate speed through the rotors to within less than ~0.1 m/s of rated for a given shear strength and shear correlation with flow speed. The next step would be to quantify the impact on loads and energy capture of shear strength variations and the impact on fatigue loads of operating at a significant pitch angle for extended periods. PDC pitch and roll stability issues also need to be resolved for single-rotor applications. 


Blade Configuration: Variable Pitch vs. Fixed Pitch
One of the primary reasons given for implementing active blade pitch mechanisms is a perceived reduction of loads leading to reduced blade (and downstream component) costs as a result of reduced structural mass. To understand how a blade pitch system might reduce loads, or increase performance, in an MHK turbine, it is helpful to review how a modern pitch-controlled wind turbine control system operates, and see how this control scheme might be applied to an ocean-current turbine. The diagram below breaks a typical power curve up into 3 separate control regions. Each region is discussed below moving from lower to higher flow speeds.
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In Region I, the turbine is operating solely under torque control to maintain its optimal TSR; blade pitch is held constant at the angle which maximizes Cp for that TSR. The turbine controls torque to adjust its rotor speed to maintain the optimal TSR across the range of flow speeds in Region I, and as the TSR does not change, the corresponding optimal blade pitch angle does not change. This control strategy for this region would be the same for a variable or fixed pitch ocean-current turbine.
Region I turns into Region II when the turbine reaches its maximum rotor speed. This is usually governed by a max blade tip speed constraint to address noise concerns (or cavitation in the case of shallow-water tidal). In Region II, blade pitch is controlled to maximize Cp as TSR reduces due to flow speed increasing and RPM being held constant at its max value; torque is also controlled in Region II to maintain a constant RPM. Because of the low flow speeds and relatively deep operational depth of an ocean current turbine, it does not encounter a tip speed limit or max RPM before rated power. Thus, Region II does not exist for an ocean current turbine. An ocean current turbine will operate at its optimal TSR and the single corresponding optimal blade pitch angle until it reaches rated power regardless of whether or not it has variable pitch capability. Aquantis MHK designs for the Florida Current operate below rated power 72% of the time. This means the turbine will remain at a fixed pitch angle for a very long duration (potentially months at a time). This creates a problem in wind turbines as pitch bearings wear grooves in their races due to inactivity and poor distribution of lubricants. One solution is to occasionally perform a pre-programed pitch rotation to redistribute the lubricant and possibly re-locate the rolling elements (if used); however, some efficiency and/or availability is lost during these operations. Sliding bearings may be better suited to this application, but pitch torque requirements go up significantly.
Region II (or Region I in the case of an ocean current turbine) turns into Region III when rated power is reached. In Region III, torque, RPM, and thus power are all constant (assuming steady flow). Blade pitch is controlled to keep torque, and thus RPM, at their rated levels. Region III control would be much the same for a variable-pitch MHK turbine. In both cases, for steady flow conditions (as is anticipated for ocean currents), the maximum bending load is experienced at rated power, before the blades begin to pitch significantly at higher flow speeds. A fixed-pitch variable-speed turbine will also experience max load at rated power in steady flow. The graph below shows that above rated speed (1.6m/s), a fixed-pitch turbine reduces rotor speed significantly in order to maintain a constant power output. This results in a high level of control authority and a substantial reduction blade bending loads at all higher flow speeds. Reducing rotor speed at rated power requires approximately 50% increased torque capacity – a cost which should be weighed against the cost of a variable pitch system.

For unsteady (stochastic) flow conditions, gusts and other flow phenomena may cause higher loads (and significant torque spikes) at above-rated flow speeds; this is because the blade pitch system can only react to, and not anticipate, a gust (without forward-looking LIDAR or other advanced systems). In some IEC-required load cases, a pitch system without careful controller design can exacerbate the blade loads as it pitches the blades to power in reaction to the wind slacking just before a gust hits. A pitch system does afford faster response times, which can be helpful in reducing fatigue loads in very dynamic flow fields; however, the flow field of the Florida Current and other deep-water resources is expected to be much steadier than wind resources resulting in much slower control cycles. Another interesting possibility with blade pitch systems is the potential for advanced control schemes such as independent blade pitch control (IBC). This can be used to mitigate the off-axis moment loads imposed by a vertical flow velocity shear profile; however such advanced control systems will take significant development. Furthermore, in a moored device, the platform can be designed to have low pitch inertia so the platform can passively move in response to off-axis loads instead of being rigidly fixed to a machine base and tower thereby being forced to drive off-axis loads through the main shaft bearings. Another historical issue with fixed-pitch blades in Region III is poor power quality resulting from stochastic wind events coupled with fixed-speed operation. Having a steady marine flow field and variable speed control is anticipated to eliminate this issue.
For a steady ocean current flow field, fixed and variable pitch turbines are not expected to have any significant difference in rotor performance, loads, or power quality. In addition to the above control regions and design drivers, there are several additional considerations to be made. These include start-up, reliability/maintenance, and fault response.
To provide start-up torque a variable-pitch system can articulate the blades. A fixed-pitch system may not have adequate zero-RPM torque to overcome the bearing friction. If this is the case, the generator would be required to provide motoring torque. For a gearbox drivetrain, one means of accomplishing this is with full power rectification, which results in a more complex power electronics package. An alternative method to reduce complexity is to apply a nominal start-up torque using a starting winding. The reliability of these relatively simple power electronics required to provide motoring capability should be weighed against the reliability of an active pitch system.
There are several fault cases which should be considered in the selection of fixed pitch or variable pitch. The first fault case is a loss of grid power and thus generator torque. A variable pitch system, when equipped with a back-up power supply, provides an additional means of stopping the rotor thereby reducing the design requirements for a main shaft (or high-speed shaft) brake.  Alternatively, a fixed pitch rotor can utilize a resistive load to provide a secondary means of shutdown torque in the absence of grid power.
The second fault case which should be considered is a failed torque linkage between the generator and rotor; potentially caused by a failed flex coupling. In my opinion, if a flex coupling is utilized, certification will require a blade-based means of stopping the rotor. However, by utilizing a single rotor device, the platform has a much greater ability to move in response to off-axis loads as mentioned previously. In addition, wake fractions are almost completely eliminated thereby drastically reducing flow asymmetries before off-axis loads even begin. I believe these two measures may eliminate the need for a flex coupling by greatly reducing non-toque loads and enabling a conventional main shaft and bearing design. Furthermore, the long-term high-risk development schedule associated with a wet bearing is eliminated. 

In addition to the variable-pitch blade concerns of increased blade complexity resulting from additional bearings, seals, and bolted connections, a split blade presents some unique challenges. While the total moment load at the split line is reduced compared to the root (a major concern with full-pitching MHK blades), the cross-sectional area and therefore strain levels have increased, making the connection more critical. The connection is also being made at a much more critical area for performance. In addition, the resulting blade now has a portion which is pitch-controlled, and a portion which is still required to stall as a fixed-pitch blade. Development of the stall-regulated fixed-pitch portion of the blade must still be completed, and the cost and reliability issues of fixed-pitch system (increased torque and power electronics) have been replaced with pitch motors, bearings, seals, and added blade complexity.
[bookmark: _GoBack]For the reasons stated above, I believe a fixed pitch rotor with a conventional main shaft bearing package can be developed faster and with less risk, and will result in a lower-cost and more reliable MHK device. Several examples of fixed pitch MHK turbines can be seen in operation today which support this conclusion.

[bookmark: _Toc393461930][bookmark: _Toc272268757]

The following is the start of a high-level hierarchical listing of design drivers to aid in understanding how various innovations could help achieve the desired results, and what else can be done to achieve the top-level goals.
· Reduce CoE Through Rotor Design
· Increase Rotor Performance
· Optimize TSR
· Hydrofoil Design
· Passive Devices (VGs, Root Flap, Winglets, etc.)
· Anti-Fouling Measures
· Reduce Thickness Distribution
· Optimize Inboard Stations – very expensive compared to other passive devices.
· Reduce Rotor Cost
· Reduce Material Cost
· Reduce Spar Size
· Reduce Loads – not achieved by pitch control in steady flow fields.
· Avoid Wave Loads
· Develop Controls
· Increase Thickness
· Increase Thickness Distribution
· Reduce TSR
· Reduce Hydrofoil Cl
· Reduce Shell Cost
· Reduce Shell Area
· Reduce Chord
· Increase Hydrofoil Cl
· Increase TSR
· Reduce Shell Thickness
· Reduce Operating Depth
· Reduce Foam Cost
· Reduce Foam Volume
· Reduce Chord and Thickness
· Reduce Thickness Distribution
· Increase TSR
· Increase Hydrofoil Cl
· Reduce Foam Material Cost
· Reduce Pressure
· Increase shell thickness
· Reduce Operating depth
· Specify material with appropriate properties
· Reduce Mechanisms
· Reduce Fabrication Cost
· Reduce Material Required
· See ‘Reduce Material Cost’ Above
· Reduce Structural Complexity
· Simplify Fabrication Technique
· Simplify Root Connection
· Reduce Mechanisms
· Reduce Rotor Maintenance Cost
· Reduce Mechanisms
· Reduce Bolted Connections
· Reduce Bio-Fouling

· Reduce Development Time to First At-Sea Prototype
· Avoid adding complexity for little/no anticipated benefit (optimized root).
· Use conventional components where possible (main shaft bearing).
· …
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0 1 11 66 74 152 187 438 776 1109 1734 2316 2815 4087 5291 5749 5326 3531 1936 758 285 122 61 34 7 1

0 1 10 62 75 157 205 443 845 1082 1786 2445 3000 4282 5446 5733 5271 3326 1589 643 242 105 62 26 3 0

0 1 5 66 73 162 220 448 895 1061 1832 2530 3291 4356 5696 5714 5154 3007 1380 570 190 98 69 18 0 0

0 3 9 69 81 164 216 474 883 1094 1847 2677 3525 4561 5803 5745 4908 2673 1251 513 156 94 57 10 0 0

0 1 18 58 79 148 237 511 947 1065 1982 2784 3724 4773 6024 5662 4635 2333 1149 432 154 87 43 7 0 0

0 3 17 51 89 143 222 559 976 1108 2038 3005 3851 5105 5990 5624 4290 2152 1013 343 129 93 33 3 0 0

0 3 19 47 80 133 249 583 983 1202 2090 3210 4099 5333 6004 5514 3925 1948 878 278 112 102 28 0 0 0

0 2 17 34 103 135 261 620 963 1271 2191 3379 4394 5550 5973 5281 3677 1822 723 210 123 88 17 0 0 0

0 6 11 28 96 146 275 617 968 1373 2332 3527 4714 5709 6078 4897 3414 1596 629 172 116 68 13 0 0 0

0 2 19 31 88 170 277 656 985 1440 2588 3697 5001 5951 5955 4622 3071 1452 494 170 95 49 4 0 0 0

0 2 14 24 82 184 324 658 1047 1658 2672 3908 5380 5980 5765 4510 2786 1178 368 175 71 23 3 0 0 0

0 4 12 25 71 178 377 655 1152 1826 2827 4152 5578 6038 5580 4335 2542 933 313 156 28 13 0 0 0 0

0 3 12 26 75 178 436 693 1207 1910 3037 4354 5811 6157 5489 4063 2143 813 279 101 24 1 0 0 0 0

0 3 11 28 67 197 487 705 1255 2079 3188 4680 5850 6255 5375 3756 1846 683 199 85 8 0 0 0 0 0

0 3 10 28 71 195 545 727 1371 2261 3332 4866 6046 6393 5174 3374 1624 541 153 52 3 0 0 0 0 0

0 2 16 32 81 204 545 781 1546 2404 3451 5076 6331 6304 4948 3055 1411 415 117 32 4 0 0 0 0 0

0 2 11 36 84 246 543 908 1681 2472 3510 5397 6663 6118 4690 2746 1205 316 92 20 3 0 0 0 0 0

0 0 5 40 88 281 578 1047 1771 2480 3744 5812 6656 5960 4460 2492 995 230 84 13 1 0 0 0 0 0

0 1 7 37 110 275 625 1156 1822 2567 4090 5989 6720 5973 3997 2320 767 178 65 9 0 0 0 0 0 0

0 0 6 39 108 306 738 1235 1842 2737 4468 6028 6786 5843 3643 2070 638 152 39 2 1 0 0 0 0 0

0 0 9 47 107 329 771 1326 1892 2997 4787 6182 6952 5377 3455 1793 533 136 11 0 0 0 0 0 0 0

0 0 14 39 131 364 787 1407 1999 3320 5070 6401 6799 5109 3128 1534 474 78 3 0 0 0 0 0 0 0

0 1 14 36 132 471 824 1496 2157 3585 5301 6663 6629 4740 2845 1324 411 45 4 0 0 0 0 0 0 0

0 0 16 46 148 519 907 1519 2398 3767 5622 6847 6266 4450 2538 1249 333 42 3 0 0 0 0 0 0 0

0 0 22 48 180 573 942 1702 2615 3897 5968 6879 5949 4117 2326 1117 271 46 1 0 0 0 0 0 0 0

0 1 31 59 215 589 1116 1735 2816 4043 6309 6968 5656 3693 2121 997 230 41 2 0 0 0 0 0 0 0

0 2 25 80 222 646 1250 1899 2936 4304 6483 6917 5318 3460 1986 850 204 40 0 0 0 0 0 0 0 0

0 2 30 100 239 744 1337 1984 3108 4639 6602 6860 4994 3213 1810 709 177 51 0 0 0 0 0 0 0 0

0 2 39 117 286 820 1439 2071 3310 4919 6797 6585 4800 2986 1590 665 123 47 1 0 0 0 0 0 0 0

0 4 42 127 383 913 1545 2164 3536 5198 6895 6364 4551 2740 1383 602 91 36 3 0 0 0 0 0 0 0

0 7 47 151 433 1030 1622 2411 3772 5324 6964 6206 4261 2401 1379 484 68 24 5 0 0 0 0 0 0 0

0 12 56 198 514 1085 1747 2640 3912 5541 7039 6022 3918 2208 1205 409 61 18 4 0 0 0 0 0 0 0

0 16 67 227 535 1182 1892 2886 4123 5611 7087 5739 3599 2052 1064 336 46 17 3 0 1 0 0 0 0 0

0 30 95 233 631 1251 2020 3223 4251 5877 6955 5506 3264 1867 937 263 31 14 2 0 1 0 0 0 0 0

1 42 109 273 706 1360 2198 3410 4505 6023 6745 5308 3049 1668 765 209 32 11 2 0 0 0 0 0 0 0

3 49 106 329 794 1544 2489 3437 4736 6246 6569 4962 2826 1510 597 172 27 13 2 0 0 0 0 0 0 0

5 57 126 386 881 1734 2694 3522 4968 6289 6488 4651 2610 1255 516 142 18 15 1 0 0 0 0 0 0 0

3 59 162 379 977 1957 2881 3723 5082 6433 6240 4356 2355 1100 380 114 30 16 0 0 0 0 0 0 0 0

6 58 183 437 1162 2119 3069 3953 5228 6489 5963 4049 2141 927 315 85 27 17 0 0 0 0 0 0 0 0

7 62 226 461 1319 2313 3218 4198 5496 6423 5646 3668 1896 822 265 75 26 19 0 0 0 0 0 0 0 0

3 79 217 563 1420 2469 3392 4670 5620 6342 5315 3313 1681 733 207 80 21 12 0 0 0 0 0 0 0 0

11 82 240 619 1558 2766 3627 4695 5995 6129 4895 3051 1448 677 174 63 19 10 1 0 0 0 0 0 0 0

9 100 265 734 1730 2897 3930 4879 6030 6087 4572 2728 1270 589 132 59 11 10 0 0 0 0 0 0 0 0

13 93 274 823 1972 3028 4105 5071 6188 5870 4345 2404 1088 464 91 57 15 8 0 0 0 0 0 0 0 0

11 97 324 935 2147 3168 4350 5213 6354 5641 3917 2135 954 367 78 49 15 6 0 0 0 0 0 0 0 0

11 111 367 1045 2300 3422 4633 5419 6284 5492 3583 1801 804 295 69 44 10 3 1 0 0 0 0 0 0 0

14 152 446 1213 2509 3588 4861 5577 6175 5307 3221 1549 657 237 67 23 7 3 0 0 0 0 0 0 0 0

14 148 511 1390 2716 3844 5120 5732 6042 4946 2858 1263 524 184 51 9 4 2 0 0 0 0 0 0 0 0

21 182 556 1569 2931 4118 5345 5825 5846 4547 2568 1016 454 136 22 5 2 1 0 0 0 0 0 0 0 0

24 198 660 1687 3077 4374 5534 5918 5613 4255 2259 859 382 90 16 2 1 0 0 0 0 0 0 1 0 0

42 244 757 1806 3405 4540 5677 5864 5509 3882 1937 737 281 74 4 2 0 0 0 0 0 0 0 0 0 0

51 261 771 1912 3681 4723 5905 5860 5224 3646 1595 630 217 44 3 0 0 0 0 0 0 0 0 0 0 0

48 289 864 2182 3909 4991 5937 5791 5074 3137 1359 488 142 19 1 0 0 0 0 0 0 0 0 0 0 0

66 315 994 2448 4220 5266 5997 5703 4721 2548 1155 367 84 3 0 0 0 0 0 0 0 0 0 0 0 0

70 351 1155 2726 4352 5566 5947 5662 4228 2273 906 294 38 0 0 0 0 0 0 0 0 0 0 0 0 0

83 424 1342 3011 4571 5780 5884 5486 3804 2021 726 208 15 0 0 0 0 0 0 0 0 0 0 0 0 0

93 456 1527 3136 4872 6014 5948 5116 3435 1613 558 133 11 0 0 0 0 0 0 0 0 0 0 0 0 0

105 559 1746 3386 5072 6171 5892 4954 2885 1284 436 97 8 0 0 0 0 0 0 0 0 0 0 0 0 0

117 620 1997 3552 5508 6372 5707 4468 2517 964 335 62 3 0 0 0 0 0 0 0 0 0 0 0 0 0

141 746 2093 3969 5742 6354 5643 3942 2038 784 232 31 3 0 0 0 0 0 0 0 0 0 0 0 0 0

146 882 2337 4263 5942 6311 5304 3508 1660 600 149 26 0 0 0 0 0 0 0 0 0 0 0 0 0 0

163 1023 2527 4686 6063 6144 4951 3013 1365 419 94 16 0 0 0 0 0 0 0 0 0 0 0 0 0 0

205 1132 2957 4937 6285 5992 4296 2501 1058 258 71 6 1 0 0 0 0 0 0 0 0 0 0 0 0 0

199 1302 3179 5175 6476 5690 3933 2133 766 208 33 1 0 0 1 0 0 0 0 0 0 0 0 0 0 0

234 1457 3486 5591 6385 5411 3484 1723 540 157 21 0 1 0 0 1 0 0 0 0 0 0 0 0 0 0

272 1605 3732 5893 6221 4958 3027 1285 440 84 8 0 0 1 0 0 0 0 0 0 0 0 0 1 0 0

311 1839 4060 6019 6048 4437 2481 946 300 51 6 0 0 0 0 0 1 0 0 0 0 0 0 0 0 0

340 2126 4426 6080 5720 4001 1931 762 203 36 4 0 0 0 0 0 1 0 0 0 0 0 0 0 0 0

389 2298 4713 6039 5399 3390 1595 540 151 27 3 0 0 0 0 0 0 1 0 0 0 0 0 0 0 0

442 2557 4882 5837 5003 2778 1237 398 102 13 0 0 0 0 0 0 0 0 1 0 0 0 0 0 0 0

529 2763 5068 5733 4401 2289 940 273 82 7 0 0 0 0 0 0 0 0 1 0 0 0 0 0 0 0

618 3193 4897 5443 3720 1856 682 204 45 5 0 0 0 0 0 0 0 0 1 0 0 0 0 0 0 0

649 3349 4973 5106 3211 1551 499 162 41 3 0 0 0 0 0 0 1 0 0 1 0 0 0 0 0 0

705 3520 5006 4681 2861 1268 398 123 26 4 0 0 0 0 0 0 1 0 0 0 0 0 0 0 0 0

809 3690 5095 4292 2365 1062 356 81 22 4 0 0 0 0 0 0 0 0 0 0 0 0 0 0 0 0

988 3840 5119 3971 2017 899 301 54 13 5 0 0 0 0 0 0 0 0 0 0 0 0 0 0 0 0

1012 3966 4965 3665 1803 756 264 39 12 1 0 0 0 0 0 0 0 0 0 0 0 0 0 0 0 0

1168 4161 4759 3236 1641 636 215 47 5 0 0 0 1 0 0 0 0 0 0 0 0 0 0 0 0 0

1246 4267 4504 2912 1361 503 179 28 1 0 0 0 0 0 0 1 0 0 0 0 0 0 0 0 0 0

1421 4374 4220 2528 1122 399 156 8 2 0 0 0 0 0 0 0 0 1 0 0 0 0 0 0 0 0

1427 4436 3994 2203 930 347 105 5 1 0 0 0 0 0 0 0 0 0 0 1 0 0 0 0 0 0

1994 4197 4015 2457 923 287 76 6 0 0 0 0 0 0 0 0 0 0 0 0 1 0 0 0 0 0
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